Let 5 denote the usual family of normalized univalent functions /(z) in the unit circle whose power series expansion about the origin is given by CO (1) /(«) = Z + Z AnZ" n=2 where we write also for convenience Ax = l. Robertson
[2] has recently considered an inequality involving the coefficients of (1) which if valid for the family 5 would imply the truth of the Bieberbach conjecture. He verified that this inequality
did hold for several special subclasses of 5. He made no conjecture concerning its general validity for S. Indeed, it is not in general valid and in particular fails for m = 3, n = 2. In this case the inequality would be {31^43j -2|^42| | =s 5. Our theorem will be stated in the following form. To find the maximum of ^(t) we observe the function Fir) = (3/2)r log(r/4) + l. Its derivative with respect to r is (3/2)(log(r/4) + l). Thus, on the interval [0, 4], F(r) starts with the value 1 at t = 0 (defined by continuity), decreases to the point r = 4e_1 at which Fir) is negative, then increases to the value 1 at r =4. In particular, Fir) has two zeros r07 To on (0, 4), To' <To-Correspondingly, SFfr) starts with the value 3 at r = 0, decreases to the point t=t07 increases to the point t =to, then decreases to the value 5 at r = 4. The maximum of ^(r) on [0, 4] evidently does not occur for t = 0, thus it does occur for t =to, and this maximum exceeds 5. One could readily find an explicit numerical approximation for ^(ro) =8/3 -Jt0 + |to. The equality statement of our theorem follows at once from the corresponding statement in [l, Corollary 5]. Since the functions used to provide this counterexample to the validity of Robertson's inequality for the family 5 are those used to prove \Az\ g3 in [l] , this situation seems to shed little light on the validity of the Bieberbach conjecture. Bibliography 1. James A. Jenkins, "On certain coefficients of univalent functions," in Analytic functions, Princeton Univ. Press, Princeton, N. J., 1960, pp. 159-194. 2. M. S. Robertson, A generalization of the Bieberbach coefficient problem for uni-
